
Math 23a, Fall 2003

Problem Set 1, Part E
Solutions written by Tseno Tselkov

Problem 8: Show that additive inverses in fields are unique, i.e. given
a ∈ F , there exists a unique element b ∈ F such that a + b = 0.

Proof. Suppose on the contrary that there are two elements b, c ∈ F
such that a + b = 0 and a + c = 0. Then

b = b + 0 = b + (a + c) = b + a + c = c + a + b = c + 0 = c,

so b = c and we are done. ¤


